Introduction.
The Stirling numbers of the first kind are defined as the coefficients Si(n, k) in the expansion n » (1.1) II (1 + kx) -£ Si(n, »)«*, so that [6] Si(w, k) =the sum of the Cn,k possible products, each with k different factors, which may be formed from the first « natural numbers.
The Stirling numbers of the second kind are defined as the coefficients S2(n, k) in the expansion
so that 52(«, &)=the sum of the C(n+&-i) ,* possible products, each with k factors (repetition allowed), which may be formed from the first « natural numbers.
Schlömilch [9] found the formula
which is one of the simplest known explicit representations of the Stirling numbers of the first kind in terms of the Stirling numbers of the second kind. By means of a simple binomial coefficient identity this formula is seen to be equivalent to the neater formula
found by L. Schläfli [8] .
These two formulas do not seem to be very well known, perhaps because it is easier to calculate Si by means of recurrence formulas.
Of course, it is well known [4; 5] that 52 is given by the very simple formula
We remark that the numbers S2 occur in the familiar Newton-Gregory expansion [5; 12] of xn:
In this paper we offer simple proofs of the following formulas:
where in (1.10) and (1.11)
In particular we remark that (1.9) is a companion to (1.4) thereby providing a simple way to express the Stirling numbers of the second kind explicitly in terms of the Stirling numbers of the first kind.
We also make application of the Eulerian numbers where Btx) = Bk\0) is a generalized Bernoulli number and [7] (-tM'-'-í: **"«>£ (2.7) BÍn) = Dl(-)\ ,
we find that (2.5) follows immediately from (2.6).
3. Proof of (1.9). We have [7, p. 147] Simplification of this yields relation (1.14) as proposed. It would be interesting to obtain a relation inverse to (1.14), that is a formula expressing Si in terms of 52 using An¡¡.
It is not hard to show that a relation inverse to (5.1) is (5.3) (-l)MBl4 = ¿ (-l)'Y* ~{)j\S2(j,n-j). ,_o \ « -4 /
